Zeitschrift: L'Enseignement Mathématique
Herausgeber: Commission Internationale de I'Enseignement Mathématique

Band: 55 (2009)

Heft: 1-2

Artikel: The Big Picard theorem and other results on Riemann surfaces
Autor: Arés-Gastesi, Pablo / Venkataramana, T.N.

Bibliographie

DOI: https://doi.org/10.5169/seals-110098

Nutzungsbedingungen

Die ETH-Bibliothek ist die Anbieterin der digitalisierten Zeitschriften. Sie besitzt keine Urheberrechte
an den Zeitschriften und ist nicht verantwortlich fir deren Inhalte. Die Rechte liegen in der Regel bei
den Herausgebern beziehungsweise den externen Rechteinhabern. Siehe Rechtliche Hinweise.

Conditions d'utilisation

L'ETH Library est le fournisseur des revues numeérisées. Elle ne détient aucun droit d'auteur sur les
revues et n'est pas responsable de leur contenu. En régle générale, les droits sont détenus par les
éditeurs ou les détenteurs de droits externes. Voir Informations légales.

Terms of use

The ETH Library is the provider of the digitised journals. It does not own any copyrights to the journals
and is not responsible for their content. The rights usually lie with the publishers or the external rights
holders. See Legal natice.

Download PDF: 17.05.2025

ETH-Bibliothek Zurich, E-Periodica, https://www.e-periodica.ch


https://doi.org/10.5169/seals-110098
https://www.e-periodica.ch/digbib/about3?lang=de
https://www.e-periodica.ch/digbib/about3?lang=fr
https://www.e-periodica.ch/digbib/about3?lang=en

136 PABLO ARES-GASTESI AND T.N. VENKATARAMANA

One could now use some results on Kleinian groups to conclude that
o, = 1 (see, for example [7, D4 and I1.C.0]) but we prefer to give the
following elementary argument. A simple computation shows that

1 273
=[] W =[]

These two transformations are in I'"7", and so «, and 1/q, must be (positive)
integers ; that is, a,, = 1. But then +, will be in T'N7 and therefore z, = 7/,
since X =H/(TNT).

This proposition gives us a second way to prove the Big Picard Theorem
without using the modular function, as follows. As in the proof given above,
the function f: D* — X = C\{00,0,1} lifts to a function f: D* — D* that
gives a commutative diagram:

D*

Sk

Iy —-X.

The function f has a removable singularity at the origin with f(O) = 0; the
problem 1s to determine the behaviour of the map p. By Proposition 4.5 there
15 an € such that p i1s a finite covering from D onto its image. But then
by the Casorati-Weierstrass theorem p cannot have an essential singularity at
the origin, and neither can f.
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