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THE PLANAR ROOK ALGEBRA 91

CS, is the centralizer of GLi(C) on W*", for k > n, where W = CF is the
representation of GLi(C) by matrix multiplication on column vectors. If we
replace a simple tensor with the subset indexed by the binary string in its
subscripts — for example v; @ vo @ v; @ v; ® vo & 10110 & {1,3,4} —
then the action on simple tensors is the same as the action of P, on subsets
in Section 2.

ACKNOWLEDGEMENTS. We are grateful to Arun Ram who, at the 2004
AMS sectional meeting in Evanston, helped the second author discover the
planar rook monoid as an example of an algebra whose Bratteli diagram is
Pascal’s triangle. We also thank Lex Renner for other important suggestions
at that same meeting.

REFERENCES

[BQ] BENTAMIN, A.T. and J.J. QUINN. Proofs that Really Count: the Art of
Combinatorial Proof. The Dolciani Mathematical Expositions 27.
Mathematical Association of America, Washington DC, 2003.

[CFES] CARTER, J.S., D. FLATH and M. SAITO. The Classical and Quantum
6j-Symbols. Mathematical Notes 43. Princeton University Press,
Princeton, 1995.

[CR] CurtIS, C. W. and 1. REINER. Representation Theory of Finife Groups and
Associative Algebras. Pure and Applied Mathematics 71. Wiley, New
York, 1962.

[GHJT] GOODMAN, EM., P DE 1.A HARPE and V.F R. JONES. Coxeter Graphs

and Towers of Algebras. Mathematical Sciences Research Institute
Publications 4. Springer-Verlag, New York, 1989.

[GL] GRAHAM, J. J. and G.1. LEORER. Cellular algebras and diagram algebras
in representation theory. In: Representarion Theory of Algebraic
Groups and Quantum Groups, 141-173. Advanced Studies in Pure
Mathematics 40. Math. Soc. Japan, Tokyo, 2004.

[Gr] GRrROOD, C. A Specht module analog for the rook monoid. Electron. J.
Combin. 9 (2002), R2.

[Ha] HAIVERSON, T. Representations of the g-rook monoid. J. Algebra 273
(2004), 227-251.

[HL] HarversoN, T. and T. LEWANDOWSKIL RSK insertion for set partitions and
diagram algebras. Electron. J. Combin. 11 (2004/06), R24.

[HR] HA1vERSON, T. and A. RaM. Partition algebras. Furopean J. Combin. 26
(2005), 869-921.

[Jo] JONES, V.E R. Planar algebras, [. Preprint arXiv:math.QA/9909027 (1999).

[Re] RENNER, L.E. Linear Algebraic Monoids. Encyclopaedia of Mathemat-

ical Sciences 7134. Invariant Theory and Algebraic Transformation
Groups, V. Springer-Verlag, Berlin, 2005.




92 D. FLATH, T. HALVERSON AND K. HERBIG

[Ri] RIORDAN, 1. Combinatorial Identities. John Wiley & Sons, Inc., New York-
London-Sydney, 1968.

[OEIS] SLOANE, N.J. A. The On-Line Encyclopedia of Integer Sequences (20006),
http://www.research.att.com/~njas/sequences/A002720.

[So] SoLoMoN, L. Representations of the rook monoid. J. Algebra 256 (2002),
309-342.

{Recu le 22 aoiit 2007 ; version révisée recue le 18 février 2008)

Daniel E. Flath
Tom Halverson

Department of Mathematics and Computer Science
Macalester College

1600 Grand Avenue

Saint Paul, MN 55105

U.S.A.

e-mail : flath@macalester.edu, halverson@macalester.edu

Kathryn Herbig

e-mail : kherbig@ gmail.com




	...

