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the Sylow-2-subgroup of L*/L) may be derived from the equality
z 22)
[(5p43) 0 Cs) B SLa3)] 5 = [(Spa(3) €9 B SL20)]

and
2(3) 2 2(2)
[SL2(S) B, SL3) 0 )] = [(SL2(5)20 ) B0 SLa)]

using Proposition 5.
Similarly one uses Proposition 5 to show the 2-modularity of the lattices
of the r.i.m.f. group 6 in GL,4(Q) using the description

[6.Us(3)2 B S = [6.Us(3). 26 SL23)]
V=3 2

For the groups 44 and 64, which are the only groups which are not p-lattice
sparse for a relevant prime p (=2), one has to note that the invariant sublattice
of index 2'? in L is unique.

The theorem now follows from the next lemma.  []

LEMMA 9. The lattices (of determinant 3% -5%) of the ri.m.f. subgroup
G := [+ Altg .2°]16 < GL1s(Q) (number 20 of [NeP 95]) are not (strongly)
modular.

Proof. Let L be such a G-invariant lattice and L' € w(L). Assume that
there is a similarity s : L' — L. By Proposition 3, this similarity s normalises
G. Let U = Altg be the characteristic subgroup = Altg of G. Since the full
automorphism group of U is already induced by conjugation with elements
of G, there exists g € G, such that n:= gs € GL;4(Q) centralises U. Hence
n € Cy,)(U) = Q[\/g]. Since this number field does not contain an element
of norm 3, one concludes that [L’ : L] = 5%. So the lattice L is neither similar
to L* nor to the lattice L' € (L) corresponding to the 3-Sylow subgroup of
L*/L. Note that if [L' : L] = 5%, an element x € Cy ) (U) with x* = 5,
induces a similarity by Proposition 4.  []
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