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308 P. V. ARAUJO

that £ < %, otherwise L is too large for v to be a circle and the desired
inequality holds trivially. Under these conditions inequality (1) is equivalent to

17) A< 71{- {27r— \/47r2—K£2}.

Combining Theorem B and (17) we obtain

1
L> \/Etan(\/[_?/v)\/émz — K L2,

which is equivalent to

(18) L > —=sin

— and this is the inequality we want. If equality holds in (18) then it also
holds in each of the equivalent inequalities (17) and (1) — and therefore -y
is a circle.

The case K < 0 has a similar (and easier) treatment. We begin by rewriting
(1) in the form '

Ag—%{ 47r2—K£2—27r},

and then proceed as before.  []
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