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330 CH. OKONEK AND A. VAN DE VEN

Finally we like to show that the non-emptiness condition on the index cone
of a projective 3-fold with 4£%2 = 0 gives non-trivial restrictions for the
possible cup-forms if b, > 4. Further investigations of this condition will
appear elsewhere [Sch].

ExXAMPLE 17. Let H be a free Z-module of rank 4 with basis
(€éi)i=1,...4. Consider a trilinear form F e S?*HY and its adjoint map
F':H— S?Hv. The image F‘(h) of an element 47 € H is in terms of
the chosen basis (e;);-; .. 4 represented by the symmetric 4 X 4-matrix
[[he;e;1]: =1, 4. Suppose this matrix is a diagonal sum [[ke;e]]; ;-1
@ [[herel) k. 1=3 4 such that the determinants of both 2 X 2-matrices are
negative for every 7 € H\{0}.

In this case F*(h) were of signature (1, —1, 1, —1) for every h € H\{0},
and we would have I = 27 = 0.

All these conditions can be met, e.g. by setting ele, = e; = eje, = e,
= 1,e,e? = e;e2 =2, and e;eje, = 0 otherwise. In this particular case the
image of 4 = Z?:  h;e; under F'is represented by the matrix

h; hy + 2h,

h1 + 2h2 2h1 + hZ

hy hs + 2hy

h; + 2hy 2h; + hy

which has a positive determinant unless # = 0.
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