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136 R. SCHRAUWEN

interesting observation is, that in general the monomials of (p themselves will
have a smaller order in t than (p.

6.7. The case that / is arbitrary.
If / ff1 • • • frg with // irreducible, /rz, ^ 2 and g reduced, we still

have that / + scp has the diagram of / with the multiple arrows replaced. We

know exactly which replacements are possible (see section 3.8). To find out
what is the type of / + scp, it again suffices to investigate linking behaviour.
Some possibilities that only become apparent when // and / + scp are drawn
in one diagram (that is the diagram of their product), have to be opted out
by considering linking with cables which are known to be correct, using such

valuations as u(2K

Although the tests become increasingly difficult, this gives a way to
generalize theorem 6.5.

6.8. IOMDIN TYPE SERIES.

We end with a remark on series of the form / + slk, where / is a linear
form not tangent to any branch of / and k ^ k0, the largest polar ratio of

/. These series have been studied by Iomdin and Lê, see [Lê], not only in the

curve case but for general dimensions. Siersma [Si] has given a formula for
the A* of these series. In the curve case this is just a special case of our results.

Notice that:

Vj (I) dik where dt <?/(£,) — Z/ • /,
vf\ I)2 dik.We would like to stress again that these Iomdin type series are generally much

coarser than our topological series: they are single indexed and for example
the Milnor number increases with steps of d d\ + • • • + dr within the

series.

Appendix

In this appendix the EN-diagrams of the series of plane curve singularities
listed in [AGV] are drawn.

The first part consists of the exceptional families E, W and Z.

The second part contains the infinite series A, D, J} W, W#, X, Y and

Z. All variants are given. In the tables, we have that:
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(a) p. the Milnor number;

(b) N0 and the graph constant c are as in theorem 3.4;

(c) A* is the A* of the non-isolated singularity, the A* of an element of the

series can be obtained by multiplying with /N*1 - (- 1)N.

Name Formula M EN-diagram

# 3fc+l(
Eek y3 + QßSk+l 6k

2A+1,

3

^6fc+1 y3 + x2k+1y 6k + 1 ?2

y3 + x3fc+2
3*+2<

E§k+2 6£ + 2 Î3

y4 + a?4*+1
4fc+1t-\ _

w12k 12/:
• V

[4

Wl2fc+1 y4 + ya;3^4-2
3fc+lrN

12Ä: + 1 ;f3

Wl2fc+5 y4 + yrr3^4-2 12/: -f 5 r
Wl2fc+6 y4 + yx3k4~3

4/r+3„
12/: + 6 1y ^

4

x(y3 -+- ya;2^4-3 -f x3k+4)
.3H4-\ - 1

%6k+11 6/: -j" 11 1 3

^6k+12 x(y3 -|- ya:2^4-3 + x3k+5) 6k + 12 .,2fc+3^2

ry x(y3 + y£2/:4~4 + a;3/:4~5)
,3k+5r

^6^+13 6/: + 13 1 3



138 R. SCHRAUWEN

Name Formula P EN-diagram

^oo 112 0 A OO _
1

y • * v*/ *2 - 1

^0 y 0 p > 2, N pF 1,

Ai y2 F x2 1 N0 1, c 0

Ap y2 -f xp+1 P
• -

î2

xy2 1 -(2) A~ 1

D± xy2 F x3 4 j p > 5, N p - 2,
N0 2, c 1

Dp xy3 F xp_1 P 1

Jk,oo y3 F xky2 3k-2
• ^ -(2) î

A00
*3 - 1

Jkfi y3 F xky H- x3k 6k-2 "f" k >2,p> 1 ,c k
N pF2fc, N0 2k

Jk,p y3 F xky2 + x3k4~p 6fc—2Fp
1
1

wktCO y4 4" y2x2k4~1 8&F1 -(2) f8k+4 _ î
A? At4 - 1

Wkto 2/4 F y2x2k4~1 F £4k+2 12&F3 2*+4

f
k>l,p> 1,

iV p F 2fc F 1

Wk* 2/4 F y2x2k4r1 F a?4^4"2'^'?) 12&F3FP
_2*±lç2 ÙU _

ï f iV0 2k F 1,

c 2k F 1
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Name Formula P EN-diagram

wtfc,oo
(:y2 4- z2**1)2 4fc

^±lo »- (2) Aoo_^+2 + 1

tA -1

wtk,2q—\ (yf2 + x2k+1)2 + yx^^4^ 12fc+2?4-2
» 2fe4iQ Kç ^

r f k >l,q> 1,

c 0

wtMq
(;y2 + x2^1)2 + 2/2Z2A:+1+<* 12fc+2g+3

.M+lp
*72^

JV 8fc "I- 2ç -f- 3

JV' 8k+ 2ç + 4

Xoo + X22/2 5 <j> -(2) t4 - 1

X9 y4 + x2y2 + a;4 9 + p > 10, JV 7,
N0 2,c 2

x„ y4 + a:2y2 + £4+p-9 P I'

Xh,oo Î/4 + sÄ03 + x2hy2 8/i-3 A «, C4" - I)'• 0 - {*) ' - 1

Xh,0 yA + xhy3 + z2/l?/2 + x3/lî/ 12/i—3 Sr 7V
h>2,p> 1,
TV p + 2/i,
TV0 2h, c 2h

Xh,P 2/4 4- xhy3 4- x2fly2 4- ar4/,,+p 12/1-3+p

Y1 00,00 x2y2 4
(2) * (2)

A°o,°o x

y1 r, 00 y4+r + z2y2 7*4-5 J*2- « r,5 > 1,

a c2 2

y-* r,s 2^4+r _j_ /j»2y2 _|_ ^4+s 9+r-fs
^ n24r 2+5q ^f f
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Name Formula EN-diagram

yh
OO.(

yh See [AGV], p. 248

Ah-2

12/i-4~r -|-S—3

(2)- (2)1 h > 2, r, s > 1

Zk, c

Zk,o

Zk,P

3 4- .t^+2?/2ary3 4- ar

ary3 4- xk+2y2 + ar3*+4

xy3 -f- ar*+2y2 4- #3k+4+p

3Ar+5

6Ar+9

_fc±i^_

Js±l

'(2)

Ar+1^ A

Aoo j3*+4 _ x

kyp > l,c Ar 4- 2

JV p 4- 2fc 4- 2,
iV0 2 Ar 4- 2

4,oc

4,0

4,p

See [AGV], p. 249

See [AGV], p. 249

8/j+3fc-3

12h+6k-3

12ft+6fc-3+p

-Arv-à±Èrr
/in ft+ib,

' (2)

• —à±àç—-N<>iii
A°°
(t4Ä—1 t4Ä+3fc—1

t4 - 1

h > 2, Ar,y > 1,

iV 2) 4- 2h 4- 2 Ar,

No 2h 4- 2Ar,

c 2/i 4- Ar
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