
Zeitschrift: L'Enseignement Mathématique

Herausgeber: Commission Internationale de l'Enseignement Mathématique

Band: 26 (1980)

Heft: 1-2: L'ENSEIGNEMENT MATHÉMATIQUE

Artikel: NORM AND SPECTRAL CHARACTERIZATIONS IN BANACH
ALGEBRAS

Autor: Belfi, V. A. / Doran, R. S.

Kapitel: 1. Introduction

DOI: https://doi.org/10.5169/seals-51061

Nutzungsbedingungen
Die ETH-Bibliothek ist die Anbieterin der digitalisierten Zeitschriften auf E-Periodica. Sie besitzt keine
Urheberrechte an den Zeitschriften und ist nicht verantwortlich für deren Inhalte. Die Rechte liegen in
der Regel bei den Herausgebern beziehungsweise den externen Rechteinhabern. Das Veröffentlichen
von Bildern in Print- und Online-Publikationen sowie auf Social Media-Kanälen oder Webseiten ist nur
mit vorheriger Genehmigung der Rechteinhaber erlaubt. Mehr erfahren

Conditions d'utilisation
L'ETH Library est le fournisseur des revues numérisées. Elle ne détient aucun droit d'auteur sur les
revues et n'est pas responsable de leur contenu. En règle générale, les droits sont détenus par les
éditeurs ou les détenteurs de droits externes. La reproduction d'images dans des publications
imprimées ou en ligne ainsi que sur des canaux de médias sociaux ou des sites web n'est autorisée
qu'avec l'accord préalable des détenteurs des droits. En savoir plus

Terms of use
The ETH Library is the provider of the digitised journals. It does not own any copyrights to the journals
and is not responsible for their content. The rights usually lie with the publishers or the external rights
holders. Publishing images in print and online publications, as well as on social media channels or
websites, is only permitted with the prior consent of the rights holders. Find out more

Download PDF: 16.10.2025

ETH-Bibliothek Zürich, E-Periodica, https://www.e-periodica.ch

https://doi.org/10.5169/seals-51061
https://www.e-periodica.ch/digbib/terms?lang=de
https://www.e-periodica.ch/digbib/terms?lang=fr
https://www.e-periodica.ch/digbib/terms?lang=en


NORM AND SPECTRAL CHARACTERIZATIONS
IN BANACH ALGEBRAS

by V. A. Belfi and R. S. Doran

1. Introduction

Commutative Banach algebras enjoy a remarkably complete and

beautiful structure theory due, in large part, to the efforts of a single man,
I. M. Gelfand. The simplicity and beauty of this theory has prompted a

number of mathematicians over the past fifteen years to seek conditions

on an algebra (usually on its norm, spectral radius, etc.) in order that it be

commutative.

Looking back to the late thirties, just before the splendid work of
Gelfand, the question of characterizing those Banach algebras which are

isomorphic to the real or complex numbers, or to the quaternions was

being considered by S. Mazur. A corollary of one of his results, namely
that a complex normed algebra which is a field is isomorphic to the

complex numbers, turned out to be so basic that it is the foundation
on which Gelfand's whole structure theory for commutative algebras
rests.

Many papers have now been written concerning the characterization
of commutativity in Banach algebras, and also on the problem of
determining which algebras are isomorphic to R, C or the quaternions H. The

purpose of this paper is to survey the results of these papers, giving full
proofs (when possible), and also giving historical perspective. Our goal
is to provide the reader, as best we are able, with an unobstructed view
of the subject. To this end, and also to make the paper accessible to a
wide audience, we have included a few well-known arguments from the
general theory of Banach algebras. These serve, in several cases, to reveal
important techniques which shed light on later developments. A substantial
bibliography has been assembled to aid the reader wishing to pursue the
subject further.
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