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(b) The last named author also proved ([6]), that if the functional
equation (4) holds, then x is primitive. One may prove this by comparing (4)
and (5), which gives ^ (a, x) X (°0 T (x) I this in turn implies that x *s

primitive, by the former remark. Still another proof is as follows: If q 1,

then L (s, x) L (s, i/i) and L (s, x) L (s, \j/). So if (4) holds, we get
m /, hence x is primitive. If q > 1, then L (,s, x) must have nonreal zeroes

on the imaginary axis ; hence if (4) holds, L (s, x) has zeroes on the line
Re*? 1, contradicting a well known theorem on L-series.
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