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Proof. It is enough to prove that / has a zero, and we may
clearly suppose that nQ 0 From the proceding result, we see

that the nk-th partial sum of the power series for / has a zero in
the disc

I J i/"k

But since £ ijnk < oo the product ~(nilnk)) converges,
2

so that there is a fixed disc with center at the origin that contains
a zero of the nk-th partial sum for k 2, 3, 4, It follows that
/ has a zero in this disc, and the result is proved.

It should be pointed out that Biernacki [1] proved, under the
same hypotheses, and using a stronger form of the Gauss-Lucas

Theorem, that / takes each complex value infinitely often. It is

likely that our method can give a slight improvement of the
preceding result, but not to the full strength of Biernacki's
result. A recent result of G. and M. Weiss [5] gives a partial
analogue for functions regular in the unit disc.
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