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178 J. E. NYMANN

First consider the case where h has a unique ternary expansion, which is

necessarily infinite. Then S(k) 2c{k). To see, this, set h where

an 0, 1, or 2 (n 1, 2, 3, an± 0 for infinitely many n and an =£ 2 for
infinitely many n. We wish to count the number of representations h x + y
where x,y e \ C; i.e., x £ zj3", y £ z'n/ïn and zn9 z'n 0 or 1. Now
if an 0, clearly s„ z'n 0. Also if an 2, zn z'n 1. However if
an 1, we can have sn 1 and z'n 0 or we can have zn 0 and z'n 1.

Hence there are 2c(/:) choices for (x,y) (uncountable if c{k) is infinite).
Next consider the case where h has two ternary expansions. Then they are

necessarily of the form

h a\a2... ar22 a\a2... ar^ibr

where ai,a2i • • *, ar-1 0, 1, 2, 0 or 1 and br ar + 1. Then using the
ideas in the last paragraph and keeping in mind there are two counts (one for
each representation of h)9 we have:

m 3(2CW) if ar 0

3(2C^)-1) if ar= 1
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